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Abstract. In this paper we establish the existence of bounded solutions

to a strongly nonlinear elliptic problem of the form

− divA(x, u,∇u) + g(x, u,∇u) = f in Ω,

with u ∈W 1
0Lϕ(Ω) ∩ L∞(Ω), where

A(x, s, ξ) · ξ ≥ ϕ−1
x (ϕ(x, h(|s|)))ϕ(x, |ξ|),

h : R+ → ]0, 1] is a continuous decreasing function with unbounded primi-
tive and g is a non-linearity satisfying |g(x, s, ξ)| ≤ β(s)ϕ(x, |ξ|). We assume

the ∆2-condition on the Musielak function ϕ.

1. Introduction

In the last decade, there has been an increasing interest in the study of various

mathematical problems in modular spaces motivated by many considerations in

applications, as the high number of papers and preprints recently appeared on

the servers can witness (see for instance [20]–[22], [14], [13], . . . ). Exponent

Sobolev spaces, Orlicz–Sobolev spaces and variable exponent Sobolev spaces are

special kinds of Musielak–Sobolev spaces which is defined by a more general

function ϕ(x, t) which may vary with the location in space.
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