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ABSTRACT. We present an alternative approach to functions satisfying se-
cond order linear ordinary differential equations. It turns out that many
of them satisfy a first order ordinary differential equation with an involu-
tion. The involution acts on the argument as well as on parameters. Basic
examples involve the hypergeometric functions and their descendants.

1. Introduction

Let t € C be complex time and A € C* denote parameter(s). Assume that
we have an involution of C x C* of the form

(L1) I: (6,X) = (s,41) = (T(8), Z(N),

thus ToT =1d and ¥ o ¥ = Id. By a linear first order differential equation with
an involution we mean the following equation:

(1.2) ix(t) = ax(B), (),
ie. Ox(t; X)/0t = a(t; N)-z(T(t); X(A)). The function a(t; A) = ax(t) is called the

directing coefficient.
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